Let R be an unbounded finite sheeted convering surface over an open Riemann surface with an exhaustion condition. In this paper, the necessary and sufficient condition in order that H°°(R) separates the points of R is given in term of branch points, where H°°(R) is the algebra of bounded analytic functions on R.
A covering surface R over a Riemann surface G is said to be unbounded if for any continuous curve λ; z = z(t) (0 <; t <^ 1) in G and any point p 0 in R with π(p 0 ) = z(0) there exists a continuous curve Λ; p = p(t) (0 <; t <^ 1) in iϋ such that p(0) = p 0 and z(ί) = π°p(t) (0 <^ ί <: 1), where π is the projection of i2 onto G. For an unbounded covering surface R over G, the number of points of π~\z) is constant <: oo for every zeG where branch points are counted repeatedly according to their orders. If such a number n is finite, R is said to be n-sheeted.
In [2] , Selberg proved the following: Let R be an unbounded w-sheeted covering surface over the unit disk | z | < 1 and {ζ k } the projections of branch points with the order of branching n k over ζ fc . Let z 0 be a point in the unit disk over which there exist no branch points of R. Then there exists a single valued bounded analytic function f on R such that / takes distinct values at any two points over z 0 if and only if Σn k g(ζ k , z 0 ) < ©o, where g{ , z 0 ) is the Green's function on \z\<l with pole at z 0 . Yamamura [5] extended the above result to the case where base surfaces are finitely connected plane regions.
On the other hand, Stanton [3] gave another proof of the above Selberg theorem using the Widom results [4] . The purpose of this paper is, by using the Widom-Stanton approach, to establish a result generalizing the Yamamura, and hence the Selberg, theorem to the case where the base surface | z | < 1 is replaced by certain surfaces which may be of infinite connectivity and genus. 
Since (i)->(ii) has been proved, we only have to show (ii)-( iii), (iii) -> (iv), and (iv) -> (i).

Proof of (ii) -> (iii)
. Let π be the projection of R onto G and set π~\z 0 ) = {p lf ---,p n } (distinct points) for z o eG -{ζ k }. Since H°°(R) separates the points of R, there exists an f tί in H°°(R) such that fijiPi) Φfu(Pi) 9 for any pair (i, j) with i Φ j and 1 ^ i, j <> n. We set and BOUNDED ANALYTIC FUNCTIONS ON UNBOUNDED COVERING SURFACES 185 for suitable constants c t specified below. Observe that feH°°(R).
We can choose constants c< so as to satisfy f(p t ) Φ f(Pj) for any
Proof of (iii) -> (iv). Let z Q be an arbitrary point in G -{ζ&} and / a function in H°°(R) such that / takes distinct values at any two points over z 0 . Then, by the well known argument of algebroidal functions, it is seen that / satisfies the irreducible equation where β G (a) is the first Betti number of G a and b{a) is the total sum of the branching order of branch points over G a . Thus
Observe that the set of a such that there exist branch points of R on dV a or critical points of g G (z, z 0 ) on dG a is isolated. Hence, from (1) and (2), it follows that
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Observe that
Therefore, by the assumption,
and also by the assumption The author wishes to express his thanks for helpful suggestions to Professor M. Nakai. 
